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The thermal oligomerization of ethylene is an intriguing reaction for the production of fuel-range products.

Often viewed as a detrimental reaction leading to polymeric deposits in pipelines, recent work suggests

that it can be exploited to convert ethylene to higher hydrocarbons in the C5–C12 range. Despite the long

history surrounding this reaction, quantum chemical simulations have not been fully deployed to provide

full mechanistic understanding, and kinetic models to optimize reaction conditions are lacking. In this work,

a microkinetic model based on quantum chemical calculations was developed to unravel the primary

drivers of initiation and understand the formation of a variety of products of different carbon number,

including odd-numbered products. Through flux analysis, the main driver of initiation was identified to be

hydrogen abstraction from ethylene by a 1,4-butyl diradical produced from the reaction of two ethylene

molecules. As conversion increased, the primary initiation mode switched to hydrogen abstraction by a

butene diradical as 1-butene began to be produced in high quantities. Odd-numbered carbon species were

seen to originate from the β-scission of C8 radical species, with the radical position varied due to

intramolecular hydrogen shift reactions from terminal radicals formed via radical addition reactions. The

significant quantity of linear terminal olefins in the experimental product distribution was identified to

originate from the formation of vinyl radicals through hydrogen abstraction reactions involving ethylene

that were then propagated via radical addition reactions to ethylene. The insights from this work can aid in

the development of intensified reactor systems to valorize ethane streams from shale gas production,

converting waste streams directly to usable fuel products.

1. Introduction

The valorization of ethane has rapidly become a key topic
for the global energy economy.1 Shale gas feedstocks are
rich in excess ethane that must be disposed of, typically
by flaring.2,3 Upgrading this ethane to ethylene and further
oligomerizing ethylene into liquid fuel-range products at
the site of production provides an opportunity for utilizing

what is otherwise a direct waste stream.4 Catalytic
methods of upgrading ethylene feedstocks can be effective
but come with a number of drawbacks, either requiring
significant surrounding architecture and capital or
struggling with deactivation and lifetime.5–11 As such,
thermal processes for upgrading ethylene have long been
investigated, though catalytic processes still dominate
industrially due to favorable selectivities towards beneficial
product distributions at more mild conditions than
classical thermal upgrading.12

However, a recent study has shown the potential for
upgrading ethylene at milder conditions, reporting
significant conversion below 500 °C.13 Interestingly, the
product distribution for this reaction includes a number of
odd-numbered carbon species, yet it lacks significant
production of methane or ethane. There is also significant
preference towards linear terminal olefins and a high
concentration of 1-butene.

Despite the long history of this class of reactions and a
number of proposed mechanisms,14–26 there is a notable
absence of quantum chemical calculations, leading to a lack
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of mechanistic understanding. There has been much
speculation in this area, with proposals of diradical
initiation reaching as far back as the work of Hurd et al. in
1934,14 yet quantum chemical calculations have as of yet
not been applied to resolve the key drivers of initiation.
This recent experimental study provides the opportunity to
resolve this near-century-old question through microkinetic
modeling.

Microkinetic modeling, a technique for modeling reaction
networks without making assumptions about rate-
determining steps, has been used successfully in prior work
to model ethene oligomerization on catalytic surfaces.27–30 In
this work, a microkinetic model designed to unravel the
growth and emergence of odd-numbered carbon species in
the thermal oligomerization of ethylene with an explicit
initiation scheme parameterized from density functional
theory (DFT) was developed. The findings of this work can
aid in the development of intensified reactor systems for the
direct valorization of ethane streams from shale gas
production to convert would-be waste into usable fuel
products.

2. Computational methods
2.1. Microkinetic modeling

The microkinetic model was constructed based on a set
of ordinary differential equations encompassing the
change in concentration of gaseous species, both
molecules and radicals, within the proposed mechanism,
which is shown in Fig. 1. First, the equations defining
the rate of each elementary step in the reaction
mechanism took the form:

ri ¼ Ai exp − Ea;i

RT

� � Yreactants

j

Pj (1)

where ri is the rate of elementary step i, Ai is the pre-
exponential factor, Ea,i is the activation energy, R is the
universal gas constant, T is the temperature, and Pj is
the partial pressure of reactant j. A set of ordinary
differential equations spanning the gaseous species was
arranged from these rates, leading to the following:

dFj

dV
¼

X
i

νi; jri (2)

where νi, j is the stoichiometric number of species j in
elementary step i, Fj is the molar flowrate of species j,
and V is the volume of the system being integrated
over. This set of ordinary differential equations described
a plug flow reactor, which is the reactor type used
experimentally in the work of Conrad et al. to which
the model results were compared. The key input
conditions and variables of the experiments that were
modeled were: a pure feed of C2H4, a plug-flow reactor
volume of 30 cm3, a constant temperature of 465 °C
assuming ideal heat transfer, a feed flow of 156 sccm,
and two separate constant pressure conditions of 15.0
and 25.0 bar.13

To parameterize the model, elementary steps were
assumed to be of Arrhenius form, and the activation energies
were postulated to follow the Evans–Polanyi principle,
defined as:

Fig. 1 The reaction mechanism for the microkinetic model of homogeneous thermal oligomerization of ethylene. Different segments of the
mechanism are highlighted in Fig. 2 as well as Fig. S1–S3† for easy reference and labeling of species.
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Ea = E0 + αΔH0
rxn if ΔH0

rxn > 0;

Ea = E0 + (1 − α)ΔH0
rxn if ΔH0

rxn < 0 (3)

where Ea is the activation energy, E0 is a reference energy
for a group of similar reactions, α is the transfer
coefficient (defined in the endothermic direction) which is
a measure of the similarity of a reaction's transition state
to its reactant or product state with a value of 0
representing the reactant state and 1 the product state,
and ΔH0

rxn is the enthalpy of reaction.31,32 Elementary
steps were grouped by similarity according to this
principle into classifications known as reaction families.
Each reaction family was assumed to share the parameters
E0 and α, for use in calculating activation energy, as well
as a pre-exponential factor. Calculation of the heat of
formation for all species, including radical intermediates,
was done through Benson's group additivity, in which a
polyvalent atom comprises a group that is defined by the
central atom and its surrounding atoms, which are
assigned contributions to the molecule's overall heat of
formation and summed.33

For a subset of reactions, specifically the early
initiation events, rate coefficients were calculated directly
from DFT as described below. To account for uncertainty
in parameters derived from density functional theory,
including those aggregated for reaction families, activation
energies or E0 values were tuned within bounds of ±6 kJ
mol−1 (±1.4 kcal mol−1), which were conservative estimates
based on benchmark studies of the accuracy of various
DFT methods for heats of formation of organic
compounds,34 as activation barriers, which are related to
enthalpic barriers, are more difficult to estimate than
reaction energies. The pre-exponential factors were tuned
within the bounds of one order of magnitude, which is
also a conservative range based on what is expected from
statistical mechanics and degrees of freedom analysis.35

Optimization of parameters was done on two experimental
cases simultaneously (two different pressures), using the
experimental carbon selectivity and conversion to
formulate an objective function based on the sum of
squares error. The microkinetic model was solved using
the differential-algebraic solver DDASAC,36 selected due to
success in solving stiff ordinary differential equations.

2.2. Density functional theory

Density functional theory calculations were performed using
the Gaussian 16 software.37 All geometries and energies were
calculated using the M062X functional38 in conjunction with
the Def2TZVP basis set.39 Dispersion was included in the
form of Grimme's D3 correction with zero damping.
Contributions to the entropy from vibrational modes below
100 cm−1 were corrected using the quasi-harmonic approach
of Grimme,40 as implemented in the GoodVibes software,41

and contributions from the same low frequency modes to the
enthalpy were corrected using the approach of Head-Gordon
and co-workers.42 GoodVibes was further employed to scale
all vibrational frequencies by a factor of 0.971, the
recommended value from Truhlar et al.43 All thermodynamic
values are reported at 1 atm of pressure and at 25 °C. All
geometry minima were confirmed to have zero imaginary
frequencies, while transition state structures showed exactly
one negative frequency mode.

Temperature dependent rate constants for the
forward and reverse direction of each elementary
reaction were calculated using the Eyring equation,
which takes the form:

k Tð Þ ¼ κ Tð Þ kBT
h

c0
� �1−m

e
−ΔG≠
RTð Þ (4)

where kB is Boltzmann's constant, T is the absolute
temperature, h is Planck's constant, c0 is a standard state
concentration factor (1 atm in this case), and m is the

Table 1 Initial values for parameters for the reactions in Fig. 1. Reaction family parameters were taken from the literature, and the parameters for the
initiation steps were derived from density functional theory calculations reported earlier

Parameter A (Pa−1 s−1 or s−1) E0 or Ea (kcal mol−1) α

H-Abstractiona,44 4.48 × 101 12.0 0.5
Additiona,44 4.69 × 100 11.4 0.24
End-chain β-scissionb,44 1.29 × 1013 11.4 0.76
Mid-chain β-scissionb,44 5.35 × 1014 11.4 0.76
Recombinationa,45 1.63 × 101 1.47 0
1,4 H-shiftb,44 1.58 × 1011 20.8 —
1,5 H-shiftb,44 1.82 × 1010 13.7 —
Initiation label 1a,13 2.73 × 100 68.4 —
Initiation label 2a,13 2.05 × 100 67.4 —
Initiation label 3a,13 3.31 × 103 67.0 —
Initiation label 4a,13 1.44 × 10−1 42.0 —
Initiation label 5a,13 1.42 × 100 45.1 —
Initiation label 6b,13 1.10 × 1015 56.5 —
Initiation label 7b,13 1.19 × 1016 48.6 —

a Bimolecular reaction, units Pa−1 s−1. b Unimolecular reaction, units s−1.
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molecularity of the elementary reaction. The ΔG≠ term is
the free energy barrier of the elementary reaction in the
forward or reverse direction and R is the universal gas
constant. The κ(T) term is the Wigner tunneling correction
factor of the form:

κ Tð Þ ¼ 1þ 1
24

h vj j
kBT

� �2

(5)

where |ν| is the magnitude of the negative frequency
associated with the transition state reaction
coordinate.

The Arrhenius parameters of Ea and A for both the
forward and reverse reactions were obtained by plotting the
natural log of the rate constant at three temperatures
against the reciprocal of the temperature. The y-intercept of
this plot gives the value of ln(A), and the slope is equal to
−Ea/R. The calculated A and Ea values are provided in
Table 1 in section 3.2.

2.3. Reaction mechanism

The reaction mechanism that was modeled for the
homogeneous thermal oligomerization of ethylene, shown
in Fig. 1, begins with two ethylene molecules following
three possible bimolecular reactions: the formation of
cyclobutane, the formation of 1-butene, and the formation
of a C4 diradical that undergoes hydrogen abstraction to
form 1-butyl radical and the vinyl radical that is key to
propagation. The 1-butene path and cyclobutane path
encounter similar endpoints, with ethylene participating in
a concerted reaction to transfer two hydrogen atoms from
either cyclobutane or 1-butene to form ethane and a
resonance-stabilized 2-butenyl-1,4-diradical, which then
abstracts hydrogen from ethylene to form 2-butenyl-1-radical
and vinyl radical.

Propagation proceeds via the major reaction families of
hydrogen abstraction and radical addition. The primary cycle
begins with addition of ethylene to vinyl radical to form
1-buten-4-yl radical in chain growth in even increments of two
carbon atoms. Through reaction with ethylene, the dominant
species at low to moderate conversion, this 1-buten-4-yl radical
can then undergo hydrogen abstraction, forming 1-butene and
regenerating the vinyl radical, or undergo further radical
addition to 1-hexen-6-yl radical. This pattern of hydrogen
abstraction and radical addition continues through C8 radical,
at which point intramolecular hydrogen shift reactions offer
possibilities to generate odd-numbered carbon species. Both
1,4- and 1,5-intramolecular hydrogen shift reactions were
incorporated into the mechanism.

After intramolecular hydrogen shift, β-scission of C8

radical forms 1-pentene and allyl radical. This begins a cycle
of odd-carbon-number propagation, with hydrogen
abstraction from ethylene reforming vinyl radical and
creating odd-numbered olefins. Ethylene addition in this
cycle was modeled through 1-nonen-9-yl radical, since
significant quantities of C10+ were not identified in

experiment, at which point intramolecular hydrogen shift
can allow for β-scission to form 1-hexene and regenerate
allyl radical.

An analogous series of reactions was applied to the 1-butyl
radical that forms with vinyl radical when 1,4-butyl diradical
abstracts hydrogen from ethylene. This results in even-
numbered alkyl chain growth, modeled up through the
formation of 1-octyl radical, at which point either
1,4-hydrogen shift or 1,5-hydrogen shift can form an
equivalent product of 4-octyl radical. This 4-octyl radical
species can undergo β-scission to form pentene and 1-propyl
radical, which undergoes a similar cycle to allyl radical of
odd-carbon number chain growth and hydrogen abstraction
up through C9 alkyl radical. When this C9 alkyl radical
undergoes hydrogen shift, it is able to undergo β-scission to
form 1-hexene and regenerate 1-propyl radical. All alkyl
radical species are able to abstract hydrogen from ethene,
resulting in the formation of vinyl radical, which is eligible
for the propagation reactions described earlier. To maintain a
tractable model size, branched products were excluded from
this mechanism due to their low concentration in the
experimental data.13 This is also consistent with the higher
stability of secondary radical species compared to primary
radicals, leading to lower rates of radical addition compared
to that involving primary radicals. Termination occurs
through radical recombination, and all possible permutations
of recombination were modeled within the mechanism.

3. Results and discussion
3.1. Comparison of model results with experimental data

As described in the Computational methods section, initial
values of the kinetic parameters for all reactions were specified
based on a combination of literature values, structure/reactivity
correlations, and density functional theory calculations, and
then parameter estimation for a subset of parameters was
carried out against experimental data at two values of total
pressure using the full product distribution and the conversion
of the ethene reactant to formulate an objective function based
on sum of squares error. The initial values for all of the kinetic
parameters are shown in Table 1. Labels of the initiation steps
for referencing with the parameter table are shown in Fig. 2.
Additional numeric labels for reaction steps are presented in
Fig. S1–S3.† Examples of reactions within each reaction family
are presented in Fig. 3. As described in section 2.1, parameters
were tuned within the bounds of ±1.4 kcal mol−1 for activation
energies or E0 values and ±1 order of magnitude for pre-
exponential factors. Note that since experimental data with
detailed product distributions and excellent carbon mass
balance was only available at one temperature, the final values
of A and Ea (or E0) are not unique, but given the tight bounds
imposed on the parameters during fitting they represent
reasonable values for testing against other reaction conditions
for further refinement. The final values for the parameters are
shown in Table 2.
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Fig. 2 Labels for initiation steps for ease of reference.

Fig. 3 Representative examples of reaction families that were used to create the full mechanism in Fig. 1.

Table 2 Final values of parameters based on optimization against experimental data. Pre-exponential factors were tuned with bounds of ±1 order of
magnitude, whereas activation energies or E0 values were tuned within the bounds of ±1.4 kcal mol−1

Parameter Original A Optimized A E0 or Ea (kcal mol−1) Optimized E0 or Ea (kcal mol−1)

H-Abstractiona 4.48 × 101 4.39 × 102 12.0 11.0
Additiona 4.69 × 100 4.69 × 10−1 11.4 12.8c

End-chain β-scissionb 1.29 × 1013 3.10 × 1012 11.4 12.8c

Mid-chain β-scissionb 5.35 × 1014 5.35 × 1015 11.4 12.8c

Recombinationa 1.63 × 101 4.11 × 100 1.47 1.89
1,4 H-shiftb 1.58 × 1011 1.58 × 1012 20.8 19.4
1,5 H-shiftb 1.82 × 1010 1.82 × 109 13.7 15.1
Initiation label 3a 3.31 × 103 3.31 × 104 67.0 65.6
Initiation label 4a 1.44 × 10−1 1.44 × 100 42.0 40.6
Initiation label 6a 1.10 × 1015 1.10 × 1014 56.5 57.9

a Bimolecular reaction, units Pa−1 s−1. b Unimolecular reaction, units s−1. c E0 values for reaction families that are the reverse of one another
are equal to maintain thermodynamic consistency and are constrained accordingly during optimization.
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The output of the product distribution from the
microkinetic model at total pressures of 15 and 25 bar is
compared to the experimental data in Fig. 4. The
microkinetic model results display reasonable agreement
for conversion as a function of pressure as well as
formation of olefins of all carbon numbers. Notably, the
formation of odd-numbered carbons is generally captured
well, with significant quantities of C3, C5, and C9 being
observed. There is some overshoot in the prediction of C5

and C6 species, and a notable shortcoming of the model
is in the undershoot of C7 formation. This undershoot is
not unexpected and is a result of the truncation
implemented to maintain a manageable model size. The
model was truncated at C9, driven by the lack of
experimentally observed C10+ species, thereby preventing
the formation of high-molecular weight carbon species
that could undergo favorable β-scission to form C7

product and artificially increasing the rate of formation of
smaller molecules (e.g., C5 and C6) given the limited
pathways involving higher molecular weight radicals.

3.2. Reaction flux analysis

3.2.1. Ethylene consumption. A comparison of all
different reactions that consume ethylene is presented in
Fig. S4 in the ESI,† taken at three different points along the

simulated reactor: 10−10 cm3 to represent extrapolation to
zero conversion, 10−1 cm3 as an early conversion point, and
30 cm3 for the reactor outlet. For the lowest conversion
value analyzed at 15 bar, several trends emerge. The results
are shown using a log scale, due to the large range in the
order of magnitude of different reaction pathways. Ethylene
is consumed by initiation reactions; specifically, hydrogen
abstraction by 1,4-butyl diradical is many orders of
magnitude faster than that by the butene diradical and is
the fastest reaction recorded. Hydrogen abstraction from
ethylene and addition to ethylene have roughly equivalent
rates for a given radical (e.g., 1-hexenyl radical), and rates of
a given reaction type involving either an alkenyl or alkyl
radical are similar. However, as simulated volume increases,
and thus conversion increases, alkenyl radicals begin to
dominate, and thus, rates for a reaction of a given type (i.e.,
hydrogen abstraction or radical addition) of alkenyl radicals

Fig. 4 Microkinetic model output showing selectivity measured by
carbon percent for different carbon number species. a) Total pressure
of 15 bar. Model conversion: 20.6%. Experimental conversion: 21%. b)
Total pressure of 25 bar. Model conversion: 63.7%. Experimental
conversion: 56%.

Fig. 5 Comparison of rates of hydrogen abstraction from ethylene by
1,4-butyl diradical (blue triangles ) and butene diradical (red circles

) as a function of reactor volume. a) Total pressure 15 bar b) total

pressure 25 bar.
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are much higher than those of alkyl radicals of the same
carbon number. The concentration of vinyl radical increases
disproportionately to the concentration of 1-butyl radical as
the kinetic chain emerges and initiation effects are less
significant. The net flux of butene diradical hydrogen
abstraction begins to overtake that of the 1,4-butyl diradical
hydrogen abstraction as the conversion of 1-butene to
butadiene becomes a dominant reaction. At 25 bar, these
trends are maintained, though the earliest conversion point
is already notably approaching the pattern seen at larger
reactor volumes, given that the conversion is higher at a
given reactor volume when the pressure is higher.

3.2.2. Initiation flux comparison. As seen in Fig. 2, there
are distinct initiation routes that both ultimately lead to a vinyl
radical. One comes from the 1,4-butyl diradical, while the other
comes from the butene diradical. For the latter case, it
emanates from the reaction of 1-butene with ethylene in a
concerted step to form 1,3-butadiene. In the early stages of the
reactor, 1-butene is formed via the initiation route shown in

Fig. 2. However, 1-butene is also the product of a propagation
cycle, and thus, one would expect the preponderance of the
butene diradical pathway to increase as a function of
conversion. To illustrate this, additional snapshots of the rates
of these two reactions as a function of reactor volume are
shown in Fig. 5. For the 15 bar case, in the latter two-thirds of
the reactor, hydrogen abstraction from ethylene by butene
diradical increases more significantly compared to hydrogen
abstraction from ethylene by 1,4-butyl diradical as 1-butene is
formed in meaningful quantities from propagation reactions.
This trend is more notable in the 25 bar case, where conversion
is over 50%. The rate of 1,4-butyl diradical hydrogen
abstraction from ethylene exhibits a maximum followed by a
decline while butene diradical hydrogen abstraction increases
dramatically around 10−3 cm3, with the formation of 1-butene
driving a switch in the primary initiation mode seen at 10 cm3

of simulated volume.
3.2.3. Comparison of 1-hexene formation by β-scission. In

the mechanism shown in Fig. 1, 1-hexene can be formed as

Fig. 6 Comparisons of net flux of nonenyl β-scission (blue triangles ) and nonyl β-scission (red circles ) as a function of reactor volume. a)
Total pressure 15 bar, linear scale b) total pressure 15 bar, log–log scale c) total pressure 25 bar, linear scale d) total pressure 25 bar, log–log scale.
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a result of β-scission of either nonyl or nonenyl, resulting in
the re-formation of propyl or allyl radical, respectively.
Analysis of the trends in the fluxes of these two reactions
gives insight into the dominance of the alkenyl radical
chemistry (i.e., the right-hand side of Fig. 1) over the
pathways carried by alkyl radicals (i.e., the left-hand side of
Fig. 1) on the product distribution, e.g., the absence of
propane as a major product in comparison to propene.
Fig. 6 shows that for the 15 bar case, nonyl β-scission
dominates only at extremely low conversions and reactor
volume, with a transition to nonenyl β-scission dominance
above approximately 10−4 cm3. Meanwhile, the 25 bar case,
due to the higher conversion at low reactor volumes, has a
higher rate of 1-hexene formation from nonenyl β-scission
at all simulated volumes shown. The rates for both
β-scission reactions taper as a function of reactor volume for
both conditions as conversion rises, as increasing
conversion reduces the concentration of ethylene available

for the addition reactions key to forming larger radical
species.

3.2.4. C8 branchpoint: hydrogen abstraction versus
β-scission. C8 radical species have a major branchpoint that
controls the formation of odd-numbered carbon species, as
seen in Fig. 1. They can either undergo hydrogen abstraction,
propagating vinyl radical while forming C8 alkane and alkene
species, or they can undergo β-scission to form a C5 product
and C3 radicals, kicking off formation of odd-number carbon
species. Fig. 7 demonstrates how these reactions compete as a
function of reactor volume. At 15 bar, the ratio of the total net
rate of hydrogen abstraction by either octenyl or octyl radicals
to the net rate of the same radical reacting via β-scission
starts out greater than 1, but as ethene is consumed, the ratio
transitions to less than 1. At 25 bar, this same transition is
not evident at the reactor volumes (and thus conversion
values) tallied, as β-scission has a higher net rate over all
simulated volumes. The net rates of both pathways decrease
at higher volumes as higher conversion values are reached,
reducing the concentration of ethylene available for necessary
addition reactions to generate C8 radicals.

3.3. Sensitivity analysis

Sensitivity analysis was conducted for each reaction type
for which parameters were optimized as listed in Table 2
by solving the microkinetic model with each activation
energy varied by ±1 kcal mol−1 from its optimized value
and evaluating the impact on the final results. The results
are shown below for selected reaction families in Fig. 8
through 11, with the remaining families summarized as
Fig. S5–S8 in the ESI.†

Addition. Interestingly, the model is not sensitive to
changes to the base activation energy of addition, which
at first may seem unexpected for a propagation reaction.
As can be seen in Table S1 in the ESI,† the enthalpy
for reaction of addition is strongly exothermic, and as a
result, the activation energy calculated through the
Evans–Polanyi approach is truncated to zero within the
model. Thus, changes of ±1 kcal mol−1 in the base
activation energy of addition may not be reflected in
changes of ±1 kcal mol−1 for the activation energy of a
specific addition reaction within the microkinetic model
(Fig. 8).

Hydrogen abstraction. Given its key role in the
propagation cycle that leads to a long kinetic chain, both
the conversion and the product distribution are highly
sensitive to the activation energy for hydrogen abstraction,
with only a −1 kcal mol−1 change resulting in nearly full
conversion for the 25 bar case. Hydrogen abstraction is not
only one of the primary propagation steps, but it is a key
reaction in the initiation cascade that leads to the creation
of vinyl radical. Additionally, hydrogen abstraction competes
directly with β-scission to form odd-numbered carbon
species, providing control over the product selectivity profile
as well (Fig. 9).

Fig. 7 Log–log comparisons of the net rates of C8 hydrogen
abstraction and β-scission reactions as a function of reactor volume,
including hydrogen abstraction by octenyl radical (blue triangles ),

β-scission of octenyl radical (red circles ), hydrogen abstraction by

octyl radical (orange squares ), and β-scission of octyl radical (green
diamonds ). Lines are drawn to guide the eye, with markers
indicating simulated output points. a) Total pressure 15 bar b) total
pressure 25 bar.
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1,4-Hydrogen shift. Both octyl and octenyl radicals can
participate in 1,4-hydrogen shift reactions and are one of
the key enablers of the production of odd-numbered
carbon species. As such, they have little influence over C4

and C6, but they have a significant effect on the fate of C8

radical species as well as odd-numbered carbon species
(Fig. 10).

Initiation label 3. While the initiation reactions do not
affect the product distribution, they have significant control

over conversion, as expected due to the generation of the
vinyl and butyl radicals key to consuming ethylene. From
textbook Rice–Herzfeld kinetics, the rate of consumption of
the substrate is increased as the rate coefficient for initiation
is increased, which is what is observed here; as the activation
energy for any of the initiation reactions is decreased, thereby
increasing the rate coefficient for initiation, conversion is
increased (Fig. 11). Additionally, the Initiation Label 4
reaction drives conversion forward once significant quantities

Fig. 8 Sensitivity analysis of the impact of varying the base activation energy of addition reactions by ±1 kcal mol−1. The shaded bars are the
model results based on the optimized parameters in Table 2, and the sensitivity to changes in the activation energy is denoted by colored error
bars. The non-shaded bars depict the experimental results. The blue error bar indicates the change resulting from increasing the base activation
energy by 1 kcal mol−1, whereas the red error bar indicates the change resulting from decreasing the base activation energy by 1 kcal mol−1. a)
Product selectivities at a total pressure 15 bar. b) Product selectivities at a total pressure 25 bar. c) Ethylene conversion at a total pressure 15 bar.
d) Ethylene conversion at a total pressure 25 bar.
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of 1-butene have been produced within the system, which
also impacts the formation of vinyl radical through the
formation of a resonance-stabilized diradical in the Initiation
Label 6 reaction (see ESI†).

4. Conclusions

In this work, a DFT-parameterized microkinetic model of
the thermal oligomerization of ethylene was developed. The

odd-numbered carbon species in the product distribution
were identified to originate from β-scission of C8 mid-
radicals that were created from hydrogen shift reactions.
The significant production of linear terminal olefins is
driven by consecutive radical addition reactions involving
terminal 1-alkenyl radicals and ethylene, balanced by
hydrogen abstraction from ethylene due to its high
concentration to create the linear alpha olefin products and
additional vinyl radicals that can grow again. Flux analysis

Fig. 9 Sensitivity analysis of the impact of varying the base activation energy of hydrogen abstraction reactions by ±1 kcal mol−1. The shaded bars
are the model results based on the optimized parameters in Table 2, and the sensitivity to changes in the activation energy is denoted by colored
error bars. The non-shaded bars depict the experimental results. The blue error bar indicates the change resulting from increasing the base
activation energy by 1 kcal mol−1, whereas the red error bar indicates the change resulting from decreasing the base activation energy by 1 kcal
mol−1. a) Product selectivities at a total pressure 15 bar. b) Product selectivities at a total pressure 25 bar. c) Ethylene conversion at a total pressure
15 bar. d) Ethylene conversion at a total pressure 25 bar.
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identified that initiation occurs primarily through hydrogen
abstraction by 1,4-butyl diradical at low conversion, and as
conversion increases, the primary initiation mode switches
to hydrogen abstraction by the butene diradical as 1-butene
begins to be produced in significant quantities. The
insights from this work can aid in the development of
intensified reactor systems for the direct valorization of
ethane streams from shale gas production, allowing waste
streams to be converted into usable fuel products.

Specifically, this work has resulted in a microkinetic model
of the transition region between polymerization and
thermal cracking at industrially reasonable pressures
comprised of a reasonable size to embed directly into
process models.

Conflicts of interest

There are no conflicts of interest to declare.

Fig. 10 Sensitivity analysis of the impact of varying the activation energy of 1,4-hydrogen shift reactions by ±1 kcal mol−1. The shaded bars are the
model results based on the optimized parameters in Table 2, and the sensitivity to changes in the activation energy is denoted by colored error
bars. The non-shaded bars depict the experimental results. The blue error bar indicates the change resulting from increasing the base activation
energy by 1 kcal mol−1, whereas the red error bar indicates the change resulting from decreasing the base activation energy by 1 kcal mol−1. a)
Product selectivities at a total pressure 15 bar. b) Product selectivities at a total pressure 25 bar. c) Ethylene conversion at a total pressure 15 bar.
d) Ethylene conversion at a total pressure 25 bar.
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